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Asymmetrical magnetic domain wall motion in symmetrical heavy metal/ferromagnet multilayers
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In a heavy metal (HM)/ferromagnet (FM)/HM multilayer with a symmetrical sandwich structure, the absence
of an interfacial Dzyaloshinskii-Moriya interaction (iDMI) is generally expected. A zero iDMI constant is usually
verified by the motion of a magnetic domain wall (DW) with a velocity that is symmetrical to the longitudinal
magnetic field (symmetrical DW motion). However, asymmetrical DW motion was still experimentally observed
in a symmetrical HM/FM/HM multilayer, and its mechanism is unclear. In this letter, we theoretically prove that
even in a perfectly symmetrical HM/FM/HM multilayer with a zero total iDMI constant, asymmetrical DW
motion is still possible owing to the exchange coupling between the neighboring FM atomic layers in the FM
medium. This work paves a way to unraveling unique DW motion in HM/FM multilayers from a deep perspective
of the subtle magnetic interactions within a FM medium.
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Motion of a magnetic domain wall (DW) plays a crucial
role in developing novel magnetic memory and logic devices
[1–5]. The DW in a heavy metal (HM)/ferromagnet (FM)
multilayer with broken inversion symmetry exhibits a chi-
ral structure owing to the interfacial Dzyaloshinskii-Moriya
interaction (iDMI) [6–10]. The iDMI depresses Walker break-
down and assists fast DW motion driven by spin-orbit torque
[6,9,11–14]. Since the iDMI is taken as an effective longitudi-
nal magnetic field (HDM) along the direction for DW motion,
the DW velocity is asymmetrical to the external longitudinal
magnetic field in the presence of an iDMI (asymmetrical DW
motion) [14–16].

In principle, the absence of iDMI and symmetrical DW
motion is expected in a HM/FM/HM multilayer with inversion
symmetry—i.e., the HM layers above and below the FM layer
share the same composition and thickness. Yet, asymmetrical
DW motion was still widely observed in such a symmetrical
HM/FM/HM multilayer [17–22]. This can be attributed to
experimental factors. For example, the microscopic lattice
structure may be not equal for the bottom FM/HM and top
HM/FM interfaces [23,24]. Also, the bottom FM/HM and top
HM/FM interfaces can be unequally strained [19], which may
influence the iDMI [25,26]. Additionally, the pinning effect
may also modify the DW velocity as a function of Hx [27].

All these factors make sense for explaining the unex-
pected asymmetrical DW motion in experiments. In a strictly
symmetrical HM/FM/HM multilayer in the absence of these
extrinsic factors, one may be confident of observing sym-
metrical DW motion. Nevertheless, this expectation is still
questionable if the magnetic interaction in the FM medium is
carefully considered. Unlike a two-dimensional material with
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only one atomic layer, the FM medium in a HM/FM multi-
layer contains at least two to three atomic layers [24,27,28]. In
such a symmetrical HM/FM/HM multilayer, even if the total
iDMI constant is zero, the local iDMI constants for the top
and bottom FM atomic layers can be still nonzero, owing to
their local asymmetrical surroundings. This local iDMI is not
negligible since DMI has a dominant contribution from the
neighboring atomic layers at the HM/FM interface [24,28,29].
In addition to the local iDMI, there is also exchange cou-
pling between the neighboring atomic layers in a FM medium
(Fig. 1). However, in a previous calculation, the FM medium
in an ultrathin HM/FM multilayer is usually simplified as a
single atomic layer, and the influence of the slight magnetic
interactions in the FM medium on DW motion has not been
taken into account.

In this Letter, based on theoretical and numerical inves-
tigation, we show that besides iDMI, the exchange coupling
between the neighboring atomic layers in a FM medium also
plays a crucial role in asymmetrical DW motion. Even in
a strictly symmetrical HM/FM/HM multilayer with a zero
total iDMI constant, this exchange coupling still gives rise to
asymmetrical DW motion. This unravels an intrinsic mecha-
nism for asymmetrical DW motion in a symmetrical HM/FM
multilayer.

We consider magnetic-field-induced DW motion in a
HM/FM/HM multilayer with symmetrical sandwich structure
(Fig. 1). For simplicity, we assume the FM medium contains
two atomic layers, and the two HM layers above and below
the FM medium are exactly the same. Owing to the opposite
sequence of the HM and FM layers, the local iDMI constants
of the bottom HM/FM layer (Db) and the top FM/HM layer
(Dt ) are opposite (Db = –Dt ). The ferromagnetic exchange
coupling exists in a FM atomic layer and between the neigh-
boring FM atomic layers.

A theoretical investigation about the dynamics of a mag-
netic texture can be traced back to Thiele’s original works

2469-9950/2022/105(14)/L140402(6) L140402-1 ©2022 American Physical Society

https://orcid.org/0000-0002-1994-3071
http://crossmark.crossref.org/dialog/?doi=10.1103/PhysRevB.105.L140402&domain=pdf&date_stamp=2022-04-27
https://doi.org/10.1103/PhysRevB.105.L140402


SHEN, LI, YOU, YANG, LUO, AND ZHANG PHYSICAL REVIEW B 105, L140402 (2022)

FIG. 1. Schematic of the magnetic-field-induced DW motion in
a HM/FM/HM multilayer with a symmetrical structure. The FM
medium is composed of two atomic layers, and the bottom and top
HM layers share the same composition and thickness. An opposite
local iDMI appears at the bottom HM/FM layer and the top FM/HM
layer, with an exchange coupling between the two FM atomic layers.
The DW is driven by an out-of-plane magnetic field (Hz ) and a lon-
gitudinal magnetic field along the positive and negative x direction
(±Hx ). The azimuthal angle ϕ and the DW tilting angle β are as
indicated.

[30,31]. In our calculation, the DW dynamics with iDMI is
depicted by the collective coordinate method, where the DW
is described by three independent variables [32]: the central
position (q), the azimuthal angle (ϕ) of the magnetization at
the central DW, and the tilting angle (β ) of the DW plane
(Fig. 1). We assume moderate exchange coupling between the
FM atomic layers, which gives rise to synchronous motion of
the coupled DWs—i.e., the two DWs have identical q and β.

The derivation of DW dynamics equations
starts with a uniform magnetization vector �mb(t ) =
(sin θ cos ϕb(t ), sin θ sin ϕb(t ), cos θ ), where θ and ϕ are a polar
angle and an azimuthal angle with the subscript b and t rep-
resenting the bottom and top FM atomic layers, respectively.
The DW profiles in the two FM atomic layers are expressed
as [30]: θb = θt = 2 arctan{exp[(x cos β + y sin β−q)/�]},
with � representing the DW width.

The energy density (w) of a multilayer consists of the
contributions from the bottom and top FM atomic layers (wb

and wt ) and the coupling between them (wb−t ) : w = wb +
wt + wb−t . These energy densities are written as

wb(t ) = A

�2
sin2θ +

(
K − 1

2
μ0M2

S

)
sin2θ

+ 1

2
μ0NxM2

S sin2θcos2(ϕb(t ) − β )

+ Db(t ) sin θ cos(ϕb(t ) − β )

�

− μ0MSHz cos θ − μ0MSHx sin θ cos ϕb(t ) (1)

and

wb−t = − σ

t2
s

[sin2θ cos(ϕb − ϕt ) + cos2θ ]. (2)

Here ts, σ , A, K, D, MS , Hz, and Hx are the distance between
the two FM atomic layers, the exchange constant between the
neighboring FM atomic layers and inner an FM atomic layer,
the anisotropy constant, the iDMI constant, the saturation
magnetization, and the magnetic-field strength along the z and
x directions, respectively. Nx is the demagnetization factor.
Based on the method proposed by Tarasenko et al. [33], the Nx

of a Néel-type DW in an ultrathin FM film with iDMI can be
approximated as Nx ≈ Lz ln 2/π�, where Lz is the FM-layer
thickness [6,10,34–38].

The Lagrangian density function (l) and the dissipation
density function ( f ) of the multilayer can be expressed as [32]

l = w + MS

γ
ϕt θ̇t sin θt + MS

γ
ϕbθ̇b sin θb (3)

and

fd = (αMS/2γ )[(d �mt/dt )2 + (d �mb/dt )2]. (4)

In Eqs. (3) and (4), α and γ are the Gilbert damping
coefficient and the gyromagnetic ratio of an electron (γ =
1.76 × 1011 T–1 s–1), respectively.

The Lagrangian function (L) and the dissipation function
(F) were established by integrating l and f with respect to the
entire multilayer space:
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∫ tm
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2
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−∞
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= 4Adtm
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− 2dtmqμ0MSHz

− �πdtm
2 cos β
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2 cos β
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and
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2 cos β(q̇)2

�
+ �[(ϕ̇t )2 + (ϕ̇b)2]

cos β
+

(
�π2sin2β

6cos3β
+ d2

6�cos3β

)
(β̇ )2

}
. (6)
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The L and F were then plugged into the Lagrange-Rayleigh
equation:

∂L

∂qi
− d

dt

(
∂L

∂ q̇i

)
+ ∂F

∂ q̇i
= 0. (7)

Here, qi = q, ϕt , ϕb, and β. After algebraic computing, we
finally derived the Thiele equations:

4α cos β

�
q̇ + ϕ̇b + ϕ̇t = 2γ0Hz, (8)

cos β

�
q̇ − αϕ̇b

= γ0πDb sin(ϕb − β )

2�μ0MS
+ γ0NxMS sin[2(ϕb − β )]

2

+ 2σγ0 sin(ϕb − ϕt )

μ0MSt2
s

+ γ0πHx sin ϕb

2
, (9)

cos β

�
q̇ − αϕ̇t

= γ0πDt sin(ϕt − β )

2�μ0MS
+ γ0NxMS sin[2(ϕt − β )]

2

− 2σγ0 sin(ϕb − ϕt )

μ0MSt2
s

+ γ0πHx sin ϕt

2
, (10)

and

π2�αμ0MS

3γ0

[
tan2β +

( w

π�

)2 1

cos2β

]
β̇

= −
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�μ0NxM2

S sin[2(ϕb − β )]

+ �μ0NxM2
S cos2(ϕb − β ) tan β + 8A

�
tan β

− πDb sin ϕb

cos β
− �πμ0HxMS cos ϕb tan β

}

−
{
�μ0NxM2

S sin[2(ϕt − β )]

+ �μ0NxM2
S cos2(ϕt − β ) tan β − πDt sin ϕt

cos β

− �πμ0HxMS cos ϕt tan β

}
. (11)

At a stable state (ϕ̇b = ϕ̇t = β̇ = 0) without Walker break-
down, Eq. (8) is converted to

q̇ = γ0Hz�

2α cos β
. (12)

This indicates that stable DW velocity relies on Hz and β.
Equations (8)–(11) were numerically solved by the fourth-

order Runge–Kutta–Fehlberg method (time step, 100 ps). We
consider a perpendicularly magnetized Pt/CoFeB/Pt multi-
layer [39–44]. The magnetic parameters of a bulk CoFeB can
be K = 8 × 105 J/m3, A = 1 × 10−11 J/m, and MS = 1.2 ×
106 A/m [45]. In this work, we reduced the previous A and
MS by half due to a dead magnetic layer in an ultrathin film;
σ is around A, and the α of an ultrathin CoFeB film is 0.01
[46–48].

The iDMI constant of Pt/CoFeB can be 1 mJ/m2 or larger
[49,50]. The local iDMI constant of a single CoFeB atomic
layer adherent to Pt has not been reported. However, we can
still estimate it based on the reported ab initio calculation
about the iDMI of Pt/Co and Pt/Fe. Yang et al. [28] show
that the iDMI constant of a Pt/Co system with two Co atomic
layers can be 4 to 5 mJ/m2, and the Co atom adherent to Pt
plays a dominant role in the iDMI, while the iDMI constant of
Pt/Fe is much smaller [51,52]. Therefore, in a CoFeB system
composed of Co and Fe with identical atomic numbers, such
as Co40Fe40B20, the local iDMI constant for an atomic layer
adherent to Pt can be 2 to 3 mJ/m2.

Before solving Eqs. (8)–(11), we first estimated DW mo-
tion by analyzing the symmetry of the equations. For a single
FM atomic layer without iDMI, the DW velocity is symmet-
rical to Hx. At a nonzero iDMI constant, however, the DW
velocity becomes asymmetrical to Hx since the iDMI can be
taken as an effective longitudinal magnetic field (HDM) [15].
However, the magnitude of the total longitudinal magnetic
field under Hx for D is still the same as that under –Hx for
–D, and the DW tilting under Hx for D is identical to that
under –Hx for –D. Therefore, in a symmetrical HM/FM/HM
multilayer with two FM atomic layers without interlayer ex-
change coupling, the coexistence of D and –D still keeps the
symmetry of DW motion under ±Hx. [The DW motion for
(Hx, D) is symmetrical to that for (–Hx, –D); the DW motion
for (Hx, –D) is symmetrical to that for (–Hx, D).] This can
be confirmed from the symmetry of Eqs. (9) and (10) with a
zero σ . Nevertheless, a nonzero σ breaks this symmetry, and
the DW motion for (Hx, D) becomes asymmetrical to that for
(–Hx, –D).

To solve Eqs. (8)–(11), we first determined the stable DW
structure as the initial condition. Initially, q0 = 0 and β0 = 0,
and the equilibrium DW structure is between a Bloch type and
a Néel type due to the tradeoff between opposite local iDMI
constants at two FM atomic layers and the interlayer exchange
coupling. Quantitatively, ϕb0 and ϕt0 can be derived by mini-
mizing w for θ = π/2 (the magnetization at the central DW)
under the condition |ϕb0 + ϕt0| = π due to symmetry, and ϕt0

and ϕb0 satisfies

|cos ϕt0| = |cos ϕb0| =
∣∣∣∣∣

Dt

�
(
μ0NxM2

S + 2σ
t2
s

)
∣∣∣∣∣, (13)

where | | is the symbol for an absolute value.
Based on the previous initial conditions, the dynamics of

DW variables were numerically solved (σ = 5 × 10−12 J/m).
Under Hz, the DW moves at a velocity manipulated by Hx.
When the FM medium contains only one atomic layer with a
zero iDMI constant, the DW velocity is symmetrical to Hx and
reaches a flat when Hx exceeds about 700 Oe due to transition
of the initial DW structure from a Bloch DW to a Néel DW
[Fig. 2(a)]. Nevertheless, for a FM medium containing two
atomic layers with opposite local iDMI constants, the DW
velocity becomes asymmetrical to Hx [Fig. 2(b)]. Under Hz =
10(–10) Oe, the Hx for the minimum DW velocity is around
700 (–700) Oe. To clarify the relationship between asymmet-
rical DW velocity and DW tilting, we derived the DW tilting
angle under Hx. In a FM medium composed of two atomic
layers, β(Hx ) is different from β(–Hx ) [Fig. 2(c)]. However,
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FIG. 2. (a) DW velocity as a function of Hx for the HM/FM/HM
multilayer with a single FM atomic layer and zero iDMI. (b) DW ve-
locity as a function of Hx for the HM/FM/HM multilayer composed
of two FM atomic layers with opposite iDMI constants. (c) DW
tilting angle β as a function of Hx for the HM/FM/HM multilayer.
(d) Product of DW velocity and cos β as a function of Hx .

the product of DW velocity and cosβ is still independent of
Hx, which satisfies the prediction by Eq. (12) [Fig. 2(d)].

The difference of DW velocity under ±Hx (�v) is ma-
nipulated by different parameters (Fig. 3). �v exhibits
nonmonotonous variation with Hx, reaching a maximum value
around Hx = 2000 Oe [Fig. 3(a)]. At a very high Hx, the
iDMI becomes negligible compared to Hx, which leads to a
reduction in �v. The difference of DW velocity significantly
increases with an increasing local iDMI constant, with a criti-
cal D around 1.5 mJ/m2, below which �v is zero [Fig. 3(b)].
Similarly, there is also a critical σ around 3 pJ/m, below which
the DW motions of the two layers are decoupled, and �v

gradually decreases with increasing σ above this critical value
[Fig. 3(c)]. Under very strong interlayer exchange coupling,
the iDMI-induced DW tilting is inhibited, which results in the
disappearance of �v.

FIG. 3. (a) Difference of DW velocity as a function of Hx . (b)
Difference of DW velocity as a function of the iDMI constant. (c)
Difference of DW velocity as a function of the interlayer exchange
coupling constant.

The theoretical results were verified using Object-
Oriented-Micro-Magnetic-Framework software based on
numerically solving the Landau–Lifshitz–Gilbert equation:

∂ �mb(t )

∂t
= −γ0 �mb(t ) × �Heff,b(t) + α �mb(t ) × ∂ �mb(t )

∂t
. (14)

Here, the effective magnetic field was calculated by the
functional derivative as �Heff = − 1

μ0MS

δE
δ �m , with E as the energy

functional E = ∫
V w dτ . The model and its dimension are

illustrated in Fig. 4(a). We considered a FM medium with a
single atomic layer (left), and that with two coupled atomic
layers (right). The size of the unit cell is 1 × 1 × 0.4 nm,
which is obviously smaller than the exchange length (lex =
4.8 nm as estimated by lex =

√
2A/μ0M2

S ). Since we con-
sidered a symmetrical HM/FM/HM multilayer, zero D was
assumed for the single atomic layer, and two opposite D val-
ues (Dt = –Db) were considered for the two coupled atomic
layers.

Initially, the DW structure in the single layer is a Bloch
type, while that in the two coupled layers is between a Néel
type and a Bloch type [Figs. 4(b)–4(d)]. In the single layer,
D = 0 mJ/m2. In the coupled layers, the absolute values of
cos ϕb0 and cos ϕt0 for Dt = 2.0 mJ/m2 and Db = –2.0 mJ/m2

are both 0.0274, and that for Dt = 5.0 mJ/m2 and Db =
–5.0 mJ/m2 are 0.0686. The simulated results are close to
those calculated by Eq. (13) (0.0276 for Dt = 2.0 mJ/m2

and Db = –2.0 mJ/m2, and 0.0732 for Dt = 5.0 mJ/m2 and
Db = –5.0 mJ/m2).

The profiles and the stable velocities of the DWs under
positive and negative Hx are also exhibited in Figs. 4(b)–4(d).
In a single FM atomic layer with a zero D, the DW mag-
netization under Hx = 2000 Oe is antiparallel to that under
Hx = –2000 Oe, and the DW velocity under Hx is the same
as that under –Hx [Fig. 4(b)]. In the FM medium with two
coupled atomic layers, owing to the exchange coupling be-
tween the two atomic layers, the DW magnetizations in the
two layers are almost the same, but the DW magnetization
for Hx = 2000 Oe is asymmetrical to that for Hx = –2000 Oe.
This gives rise to different DW tilting angles and DW velocity
for Hx = ±2000 Oe [Figs. 4(c) and 4(d)].

The simulated results are close to the numerical solutions
of the Thiele equations (Fig. 2) under a smaller σ for the
simulation (σ = 2 × 10−12 J/m). This difference between the
simulation and theory can be attributed to the error in estimat-
ing the demagnetizing energy in solving the Thiele equations
and the influence of the iDMI boundary effect in the simula-
tion [53].

Finally, we briefly discuss about how to confirm the theo-
retical prediction in experiments. The trick is the fabrication
of a HM/FM/HM multilayer with two HM layers sharing
very similar composition and thickness. To avoid inhomoge-
neous strain, one may synthesize two additional layers below
the bottom HM layer and above the top one, and it may
be better to fabricate the multilayers using molecular-beam
epitaxy that can precisely control the growth of each atomic
layer.

In summary, we propose an intrinsic mechanism for un-
derstanding the asymmetrical DW motion in symmetrical
HM/FM/HM multilayers by considering the magnetic inter-
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FIG. 4. Simulated DW profiles and DW velocity as a function of Hx for a symmetrical HM/FM/HM multilayer. (a) The dimension of
the models for the simulation, including a single FM atomic layer (left) and a FM medium composed of two coupled atomic layers (right).
(b) The DW profile in a single FM atomic layer with zero iDMI. (c) The DW profile in a FM medium composed of two atomic layers with
Dt = 2.0 mJ/m2 and Db = –2.0 mJ/m2. (d) The DW profile in a FM medium composed of two FM atomic layers with Dt = 5.0 mJ/m2 and
Db = –5.0 mJ/m2. In (b), (c), and (d), the profiles of the DWs at the initial state and under Hx = ±2000 Oe are presented. The dots and arrows
indicate the orientation of the unit magnetization vector in a cell. (The blue and red dots show the unit magnetization vector aligning along z
and −z directions.)

action within a FM medium. We show that the exchange
coupling between the neighboring FM atomic layers de-
stroys the symmetry for DW tilting under ±Hx, giving
rise to asymmetrical DW motion in HM/FM/HM mul-
tilayers with a strictly symmetrical structure. This work
paves the way for deep exploration of the motion of
a chiral DW in a HM/FM multilayer system from the

perspective of subtle magnetic interactions within a FM
medium.
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